II1. Dién tich hinh phéng — Thé tich vat thé tron xoay :
» Viét phuong trinh cac dudng giéi han hinh phing
* Chon cdng thiic dé tinh dién tich

b d
(=3 J'|yc -V, ldx hodc | S= lec — xc.|dy
a

Cc

® Chon cong thiic dé tinh thé tich :

- Hinh ph3ng quay quanh Ox: | V == | |y2 —yZ |dx

Q|| Dt

- Hinh phéng quay quanh Oy : | v/ — ﬂ:j x2 — x2|dy
C
e Biénx thicdnla x=a; x=b cho trong gia thiét ho&c
hoanh dé céc giao diém
Biény thicanla y=c; y=d cho trong gia thiét hodc
tung dé céc giao diém
1. Phuong phdp toa dd trong miit phéng : 1
AB = (a,;a,), AC = (b;;b,) = Syppc = -2—\a1b2 —a,b,
1. Pudng thing :
a. Phudng trinh dudng thdng A :

- Phudng trinh téng quét : Ax + By + C =0
(vecto phaptuyén n = (A;B) ; A2+B%?=0)
- Phudng trinh tham s6 : {x = % adt (teR)
y =Yy, +bt
(vecto chl phuong U = (a;b) va qua diém M(xp, yo))
- Phuong trinh chinh téc : ol YRR A [
a b
: X Yy
- Phuong trinh doan chan : ; + B =1

(Aqua A(a;0) ; B(O;b))



b. Géc P (0° < @ <90°) glita hal dudng thédng :
AX+By+C=0vaAx+By+C'=0

n.n |AA' + BB
Inl-[m|  JAZ2+ B2 J/AZ2.B?

c. Khoéng cédch ti diém Mo (Xo; Yo) d€n dudng thing A:

cosSQ =

|Ax, + By, +C|
VA2 1 B2

d. Phuong trinh dudng phén giéc cia géc tao bdi hai dudng théng

d(M,A) =

Ax + By + C +A'x+B'y+C'

e. Hai diém M(x1,y1), M’(x2,y2) ndm cung phia so véi A
< t1.t2 >0
Hai diém M(x;,y1), M'(x2,y2) n&m khac phfa so véi A
< it < (0)
Ax, + By, + C A'x, +B'y, + C'
(t1 = k= )

2. Budng tron :
- Phudng trinh dudng trén :
Dang 1 : Phuong trinh dudng tron (C) cé tam I{a;b) va ban kinh R

(x-a)’ +(y-b)*=R®

Dang 2 : Phuong trinh c6 dang | x*+ y*—2ax-2by+c¢ =0
véi diéu kien a®+b*—c > 0 |a phuong trinh dudng trdn (C) cé

tam I{a;b) v ban kinh R = va? +b?—c
- Phuong tich ctia mot diém Mo(Xo; yo) d8i v6i mot dudng trédn :

Pw(c) = on + y02 — 2aXp — 2bYo +C




3. Elip :

* Phudng trinh chinh tic Elip (E)

e Tiéu diém

y2
he

xz
= B

a
: Fi(-c;0) , F2(c;0)

=1

e Pinh tryc16n: As(-a;0) , Az(a;0)
o Dinhtruc bé : Bi(0;-b) , B2(0;b) ; Tam sai: e=§

e Phuong trinh dudng chuén :

a
X =+—
e

e Phuong trinh tiép tuyén cla Elip tai M (xo; yo) €(E)

(a>b) ; ?= a®- b?

XX, YoY

a? b? =

e Diéu kién tiép xiccla (E)va(A): Ax + By + C = 0

A%a? + B?b? = C2

4. Hypebol :
2 2
* Phuang trinh chinh tc Hypebol (H) % -~ Z—z =1| ¢®=a%+b?
* Tiéu diém : Fi(-c;0) , Fa(c;0)
e Dinh  : A«(-a;0) , Ao(a;0) ; Tamsai: e =§
* Phuong trinh dudng chuén : Xi=+ %
* Phudng trinh tiém cén : y= i%x
* Phudng trinh tiép tuyén clia Hypebol tai M(xo ; yo) € (H): ’;L: - !t—;’zl =
 Didu kién tiép xdc clia (H) va (A): Ax + By + C =0
A%a? — B%b? = C? (C#0)
5. Parabol :
e Phudng trinh chinh téc cla Parabol : (P) : ¥’ = 2px
* Tigu diém : F(% ;0) 5 ® Phuong trinh dudng chuén: | x= -%
* Phudng trinh tiép tuyén véi (P) tai M (%o Yo)e(P): | Yoy = p{(Xo + X)

* Diéu kién tiép xic clia (P)va (A): Ax+By+C =0

2AC = B




I1. Phuong phéap toa dd trong khong gian :
1. Tich ¢6 hudng hai vecto :

a. Binh nghia: U= (x;y;z) va V= (x;y;2)

a7 ([}

b. Céac iing dyng:

z X
2 x

.xy — i A% 'yt P '
,xy)—(yz zZy'; 2x'—xz'; Xy'— yX)

*

e UV cungphuong <& [U,V] -0
e UV,w ddngphdng & [GV].W =0
* Suac =% [_é,r]‘
+ ABCD la td dign <> [AB,AC|AD = m#0 ; Vjgp = Il
2. Mat phé-ng - )
a. Phuong trinh mét phéng (a):
- Phuong trinh t6ng quét : Ax+By+Cz+D=0
n=(A;B;C) , (A2+B?+C2%0)
X y 2z
- Phuong trinh doan chén : AT =1

( (o) qua A(a;0;0) ; B(0;b;0) ; C(0;0;c)
b. Géc gilia hai m#t phdng :

(a) : Ax +By +Cz +D =0
(B) : Ax+B'y +C'z+D'=0

7| |AA' + BB'+ CC/|

CoOSp = —— =
A [A A2 +B2+C2.JA%+B2+C?

¢. Khodng céch tir diém Mo(Xo; Yo ; 20) d€n miit phdng (o) :

|Ax, + By, +Cz,+D|
fsE s VA2 +B? 4+ C?




3. Budng théng :
a. Ba dang phudng trinh ctia dudng théng :
» Phuong trinh tham s8 ctia A qua Mo(Xo;Yo; Zo) V&

X =X, +at
c6 vectd chi phudng U = (a;b;c) : y=y,+bt | (teR)
z=2,+ct
e Phudng trinh chinh tic: | ~——0 =¥~ Y% _ 27%
a b c
* Phuong trinh téng quat: | JAX +By +Cz +D =0
Ax+By+Cz+D=0

(v6iA:B:C#A':B":C")
b. Géc giia hai dudng thing :

cha = U-U'I _ |aa' + bb'+cc|
|'u’|.|ﬁ’-| JaZ+ b2 +¢2 _Ja-2+ b2+ o2

c. Khoang céch tir A dén duding thing A (A cé vicp U va qua M) :

. VA
|dl

d(A,A) =

d. Khoédng céch gilia hai dudng thdng chéo nhau:
A covicp U vaquaM ; A cévicp V vaquaM

|[G.]. MM |
d(A,A') = —
| [@.V]|

e. Géc glda dudng thdng A va m#t phdng (o) :

iG] |Aa + Bb + Cc|
[n].[d]  JA2+B2+C24a?+b%+c?




4, Mat cau :
a. Phuong trinh mét céu :
- Dang 1 : Phuong trinh m&t cdu (S) c¢6 tdm I (a;b;c)va bén kinh R

(x—-a)’+(x—-b)’+ (x—c)? = R?
- Dang 2 : Phuong trinh c6 dang :
X*+y*+2°-2ax-2by—-2cz+d =0
v6i diéu kién a® + b® + ¢ —d > 0 1a phuong trinh mt cu (S)
c6 tm1(a;b;c) va ban kinh R =+ya? +b% + ¢*— d
b. Sy tudng giao gilia mét cdu va mit phéng :
e d(I,())< R & (o) giao (S) theo dudng tron (C)
(x-a)? + (x-b)® + (x-c)? = R?
{Ax+By+Cz+D=0
- T4m H clia (C) 12 hinh chiéu clia tdm I(a;b;c) 18n mit phing (o)
- Ba&n kinh ciia (C) : r=+R? - IH?
o d(I,(@))=R ¢ (o) tiép xuc véi (S)
e dL,(a))>R © ()N(S) =¢ )
(@+b)"= Ca" + Cla"b + C%a"%?* +..-+ Clb" = ) Cla"*b*

- Phuong trinh (C) :

(1+x)" = C) + Clx + C% +..+ CX" = 2C',§x"

(1=xF = C° = Clx + CAX® —weet (°CHX" = ) (—1)CxE
k=0

Tinhch&t: | C"=C’=1 | CK=CM* | C'+Ck=CK,

|
Congthic: | CK=—

Ak _ n!

k=Rt | ek | P




